Abstract. A Q -curve is an elliptic curve, defined over a number field, that is isogenous to each of its Galois conjugates. Ribet showed that Serre's conjectures imply that such curves should be modular.
Let E be an elliptic curve defined over Q and without complex multiplication. E is called a Q -curve if it is isogenous to each of its Galois conjugates. We say that E is modular if for some N there is a non-constant morphism J 1 N ! E, where J 1 N is the Jacobian of the modular curve X 1 N. Ribet [12] showed that if E is modular, then E is a Q -curve, and conversely, if Serre's conjecture 3:2:4 ? [18] holds, then all Q -curves are modular. See also [18, Thm. 5] . When E is defined over Q , then E is automatically a Q -curve, and this reduces to the conjecture that all E over Q are modular it can be shown that for E defined over Q , the existence of a map J 1 N ! E implies the existence of a map J 0 N 0 ! E for some N 0 . Wiles
[27] has proved a general result, extended by Diamond [4] , that implies, among other things, the modularity of all semistable elliptic curves over Q , and also the modularity of several other Q -curves. However the method runs into difficulties when the mod 3 representation is reducible. Over Q , this was handled by the '3-5' switch [27] , which relied on the fact that the elliptic curve X 0 (15) has finite Mordell-Weil group over Q . This of course fails over many quadratic fields. Also, since we are working in the rather restrictive context of Q -curves, it is not certain that the '3-5' switch can be applied.
In the following, we start with the family of 3-Q-curves (i.e., the isogeny is of degree 3) defined over a quadratic field K. We consider those that are 3-isogenous over K to their Galois conjugates, hence have reducible GalQ =K-representations (which remain reducible when extended to GalQ =Q-representations). Therefore the general results of Wiles and Diamond do not apply. We describe a general strategy for proving individual curves in the family are modular. In a sense, such calculations can be regarded as a check on a consequence of Serre's conjecture in a case that does not already follow from earlier conjectures such as the ShimuraTaniyama-Weil conjecture. We note that the absence in general of a point of order 2 on these curves makes it difficult, though perhaps not impossible, to apply the method of Faltings-SerreLivné [7] , which has often been used to prove individual curves modular.
